We list, for reference, the following easily verified properties of p on D:
(A) pia, ß)>pi\a\, \ß\).
(2) For a fixed r, 0 < r < 1, p ir, re1 ) is a monotone increasing function of 6, 0 < 9 < n. Proof. The necessity of (HN) follows immediately from (C).
The proof of Theorem 1 also proves the sufficiency of (HN). In fact, only in obtaining (5) in the proof of Theorem 1 was it necessary to have 8=piak, ak + l) rather than 8 < piak, afe+). However, (5) for the latter condition above follows directly from (5) for the former condition. For, if 8<pia,, a, +.), let a' be the point on Y between a, and a, for which p( ak, a') = ¿5. Then, by the convexity of Y, the angle between a, and a' is less than the angle between a, and at+,, ^<A¿+i^> arK^ tnus (5) is valid for the condition S<p(a,, a, +.) also.
